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Combustion diagnostics play an essential role in energy engineering, transportation, and
aerospace industries, which has great potential in combustion efficiency improvement and
polluting emission control. The three-dimensional (3D) visualization of the combustion field
and the measurement of key physical parameters such as temperature, species
concentration, and velocity during the combustion process are important topics in the
field of combustion diagnostics. Benefiting from the non-contact and non-intrusive
advantages of the optical detection method as well as the advantages of the 3D full-
field measurement of the measured field by computational tomography, flame
chemiluminescence tomography (FCT) has the ability to realize non-intrusive and
instantaneous 3D quantitative measurement and 3D full-field visualization of key
physical parameters in the combustion process, which has crucial research
significance in combustion diagnostics. In this study, we review the progress of FCT
technique. First, we provide an extensive review of practical applications of FCT in state-of-
the-art combustion diagnostics and research. Then, the basic concepts and mathematical
theory of FCT are elaborated. Finally, we introduce the conventional reconstruction
algorithm and proceed to more popular artificial inteligence-based algorithms.

Keywords: 3D optical computerized tomography, spectroscopy measurement, flame chemiluminescence,
reconstruction algorithm, projection model, deep learning, combustion diagnostics

INTRODUCTION

As a kind of complex reaction process, combustion phenomenon combines chemical, physical,
and mechanical knowledge, which is accompanied by the formation of a large number of
intermediate products such as OH*, CH*, and C2* radicals. It has been reported that CH*, C2*,
and OH* radicals can be considered the critical parameters in the combustion process of
hydrocarbon fuels as well as be intimately related to the combustion status (Gaydon and
Wolfhard, 1953; Nori and Seitzman, 2008; Alviso et al., 2017; Navakas et al., 2018). As a
consequence, with the aid of the detection and measurement of OH*, CH*, and C2* radicals in
the combustion process, the diagnosis of combustion characteristics such as combustion
components, combustion structure, temperature, velocity, pollution emissions, and the heat
release rate of the combustion field can be realized, which will further facilitate the control of
the combustion process and gain an in-depth understanding of the combustion reaction
mechanism in the industrial fields of aerospace and energy (Kojima et al., 2005; Jeong et al.,
2006; Orain and Hardalupas, 2010; Hossain and Nakamura, 2014; Sun et al., 2015; Ax and
Meier, 2016).
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During the combustion process, the radicals emit spectra of
specific wavelengths from the excited state to the ground state,
which is defined as the flame chemiluminescence spectrum
(Gupta et al., 1999). For instance, the chemiluminescence
spectrum measurement of high-temperature propane flame
has been provided in Gupta et al. (1999). On account of the
flame chemiluminescence spectrum being the inherent optical
property of flame in the combustion process, the measurement
of flame chemiluminescence spectrum becomes the most
straightforward strategy to analyze the combustion
properties (Griffiths and Barnard, 1995; Kathrotia et al,
2012). Compared to the commonly employed methods in
combustion diagnostics, such as the laser induced
fluorescence (LIF) technique (Daniele et al, 2013;
Wellander et al., 2014; Lee et al, 2015) and the particle
image velocimetry (PIV) technique (Weinkauff et al., 2013;
Liu et al., 2018; Liu and Ma, 2020), flame chemiluminescence
spectrum technology eliminates the demand for an external
detection source and the requirement of spreading tracer
particles in the tested flame. Flame chemiluminescence
spectrum technology focuses on the wavelength of specific
radicals; the intensity of radicals can be accessed directly after
filtering and acquiring via industrial cameras or optical fiber
detectors. Furthermore, in contrast with spatial single-point or
planar detection methods, the chemiluminescence 3D imaging
strategy shows better performance in full-field 3D quantitative
visualization and detection of crucial physical parameters in a
complex combustion phenomenon, not only in modern
aviation, aerospace, and military fields, for instance, the 3D
combustion structure detection of rocket motor exhaust
flames, but also for a wide range of industrial and civil
applications, such as energy engineering of an industrial
power plant boiler chamber and high-temperature cutting
and smelting. As a consequence, benefited by the non-
contact, easy implementation, and simple arrangement of
the experiment setup as well as full-field measurement
ability, chemiluminescence 3D imaging tactics has attracted
a lot of attention in the field of combustion diagnostics.

In a bid to achieve 3D visualization as well as measurement of
the combustion field, computerized tomography (CT) technology
is used and integrated with the flame chemiluminescence
spectrum method, and then the flame chemiluminescence
tomography (FCT) technique is developed (Sebald, 1980;
Melnikova and Pickalov, 1984; Iwama et al., 1989). With the
advantages of the non-contact and non-intrusiveness of the
optical detection method and the ability of 3D full-field
measurement of CT, FCT is capable of achieving both
instantaneous 3D quantitative measurement and full-field
visualization of key physical parameters in the combustion
field, which has essential research significance in combustion
diagnostics. Recently, with the continuous advancement in the
performance of photoelectric detection equipment and the
tremendous improvement of computing power, numerous
scholars have carried out extensive research in the acquisition
and calibration of multidirectional projection data, the
establishment of projection models, and the improvement of
3D reconstruction algorithms of FCT.

Survey for Flame Chemiluminescence Tomography

In order to provide a comprehensive review of flame
chemiluminescence-based ~ tomographic =~ imaging  and
technology, the remainder of this article is organized as
follows: the applications of FCT in practical combustion
diagnostics are given in Section 2. Section 3 focuses on
background information of FCT and begins with concepts of
the projection model before presenting an explanation of
projection acquirement as well as multi-view calibration;
Section 4 depicts the mathematical formulation of the
reconstruction algorithm of tomographic inverse problem;
furthermore, Section 5 concludes the review with a summary
and an outlook on the potential developments of FCT in the
future.

APPLICATION OF FCT

FCT technique has been extensively employed in practical
combustion measurement of laboratory and industry to
provide key insights into flame physics. This section surveys
four main aspects of application of FCT, including combustion
status, geometric measurement, temperature measurement,
and propagation speed measurement.

Combustion Status

The chemiluminescence intensity of excited OH*, CH*, and
C2* has been reported having maxima of the flame spectra at
309, 431.5, and 516.5 nm, respectively (Gupta et al., 1999).
Many scholars focus on the measurement of OH*, CH*, and
C2* concentration and pay extensive attention to figure out
the relationship between the measured chemiluminescence
and flame combustion status with various experimental
conditions, such as the equivalence ratio and fuel type in
practical systems.

The relationship between the intensity ratios (C2*/CH*, C2*/
OH*, and CH*/OH*) of methane/air partially premixed flame
with different equivalence ratios were investigated and compared
with the results of a photomultiplier tube (PMT) in the study by
Y. Jeong. Abel inversion was applied here to reconstruct
cylindrically symmetric flame to yield 2D “slices” (Jeong et al.,
2006). Likewise, Denisova et al. (2013) attempted to reconstruct
the spatial distributions of CH*, OH*, and C2*
chemiluminescence of axisymmetric as well as non-
axisymmetric flames to further monitor the fuel-air ratio and
completeness of combustion. Similarly, Liu et al. (2020) employed
intensified-CCD and the Abel inversion method to retrieve 2D
radial distribution of chemiluminescence characteristics of OH*
and CH* in a low swirl burner with the equivalence ratio varying
from 0.8 to 1.2. Analogous work has been mentioned in D.
Sellan’s research. The OH*/CH* signals of a swirl-stabilized
axisymmetric flame with changing equivalence ratios were
measured and reconstructed by Abel inversion (Sellan and
Balusamy, 2021).

In contrast to aforementioned 2D reconstruction, taking
the transmissivity of a customized double-channel band-pass
filter and a color camera into account, Y. Jin et al. proposed a
quantitative multispectral separation technique to realize both
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FIGURE 1 | Multispectral separation algorithm and 3D radical distribution of CH* and C2*. Adapted with permission from Jin et al. (2017) © The Optical Society.

CH* and C2* intensities. As seen in Figure 1, the dynamic 3D
chemiluminescence emission structure of CH* and C2* were
reconstructed simultaneously. Afterward, quantitative analysis
of CH* and C2* components was conducted in details (Jin
et al., 2017).

Temperature Measurement

The measurement of flame temperature plays an essential role
in combustion diagnostics and is necessary to access an in-
depth understanding of combustion physics. Several methods
have been utilized for flame temperature measurements, such
as LIF, moiré deflection, and tunable diode laser absorption
spectroscopy (TDLAS) (Kaminski and Kaminski, 2014).
However, limited by the complex arrangement of the
aforementioned technique, they are somehow unsuitable for
industrial requirement. With the increasing employment of
the FCT method, it also gives a potential tactic for recovering
3D flame temperature distribution.

On the basis of two-color pyrometric techniques and optical
CT theory, 3D temperature and emission distributions of
propane flame were reconstructed simultaneously by M. M.
Hossain. In their study, two RGB CCD cameras coupled with
eight OFB were used to acquire flame images. Red and green
components were extracted to further achieve temperature and
emission measurements in view of the two-color method
(Hossain et al, 2013). Similar methods were reported in
Brisley et al. (2005). Also, double-wave spectral tomography
was adopted to retrieve distribution features of the 3D
temperature field. Different from the aforementioned studies,
Gao et al. (2010) established an orthographic CCD array
coupled with the narrowband filters (central wavelength: 696.5
and 763.5nm) to acquire images via four views. Using 4D
temperature measurements a weakly turbulent diffusion flame
was studied in the same way in Yu et al. (2021). Recently, Y. Liu
et al. proposed a light-field sectioning pyrometry (LFSP) method
which combined light-field imaging and color ratio
pyrometry (CRP) to achieve in situ temperature measurement
of ethylene flame. Moreover, the spatial resolution of
reconstruction was improved in lateral and depth
directions based on their cage-typed light-field camera (Liu
et al.,, 2021a; Shi et al., 2022).

Geometric Measurement
Flame geometrical characteristics give instantaneous information

on the quality of the combustion process. The monitoring and
measurement of flame geometric are essential for deepening the
understanding and optimizing the combustion conditions.
Benefiting from the rise of 3D tomography technology, FCT
technique has been a promising tactic for providing 3D whole-
field geometric measurement of the flame, which is generally
impossible by using traditional 2D measurement methods.
Several parameters, such as orientation, volume, length,
surface area, and circularity, were defined to characterize the
flame geometry by H. C. Bheemul. Combined with the mesh-
generating technique and the FCT method, a ‘fishnet’ was
generated to cover the flame surface. The aforementioned
geometric parameters were measured and analyzed based on
3D reconstruction results of the diffusion flame (Bheemul
et al, 2002). By means of FCT, T. D. Upton investigated
structural details of a turbulent, premixed propane/air flame.
The 3D flame front and 2D contours were recovered with high
resolution (Upton et al., 2011). It is worth pointing out that 3D
flame topography and curvature were inspected in detail by L.
Ma. The projections of premixed turbulent Bunsen flame were
captured from six perspectives at a rate of 5kHz. Probability
density function (PDF) of flame topography was derived from a
series of 3D reconstruction results, and the calculation of flame
curvature was achieved in Ma et al. (2016). Recently, R. Dong
focused on the relationship between flame edge deformations and
oscillations. The 3D instantaneous flame edge structures with
fine-scale corrugations were retrieved using the FCT tactic, which
enabled the observation of small vortices’ evolution (Dong et al.,
2021a). An analogous strategy was employed in 4D fire events
imaging for temporal evolution of flame (Windle et al., 2021).

Flame Propagation Speed Measurement

Flame propagation speed plays a crucial role in combustion
diagnostics owing to the straightforward reflection of flame
stabilization. Generally, flame propagation speed refers to the
moving speed of the flame surface in the combustion process,
which is also called the absolute flame velocity in some cases. In
contrast to the commonly used tactic for velocity measurement,
such as PIV and PLIF methods, the FCT technique shows
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privileged advantages in the measurement of flame propagation
speed, owing to the successful application in geometric
measurement.

The flame propagation and local burning velocity of a
propane/air turbulent flame were investigated in Ishino et al.
(2009). A set of flame images were acquired from 40 views with a
short time interval to reveal the 3D distributions of the turbulent
flame and to further calculate the local burning velocity. On the
basis of geometric measurement of two non-axisymmetric
premixed flames, Wiseman et al. (2017) depicted the surface
speed measurement algorithm and especially focused on the
influence of the number of perspective. Considering the
frequently used surface fitting and normal vectors methods
being not suitable for turbulent flame of laboratory, Y. Chi
proposed two novel methods to deal with this problem.
Numerical and experimental validations on the turbulent jet
flame were conducted. Meanwhile, the relationship between
the flame curvature and the propagation speed was analyzed
(Chi et al,, 2021). Recently, Liu et al. (2021b) concentrated on the
influence of the external direct current electric field on the
propagation speed of swirl flames. With the help of FCT
strategy, the wvelocity vectors and magnitude contours at
various horizontal cross sections were accessed.

BACKGROUND INFORMATION

In this section, some background information about FCT are
presented, including a brief demonstration of the acquirement of
projections, an introduction to the multi-camera calibration
method, and several kinds of projection models often
employed for FCT research.

Acquirement of Projections

In FCT practical measurement, the acquirement of projections of
the test field is the fundamental for further tomography
reconstruction. According to the different combustion state of
the test field, the achievement of projections acquisition in
practical experiment can be divided into two categories: single
directional arrangement and multidirectional arrangement.

A single directional arrangement can be utilized to reveal an
axisymmetric flame. Based on the assumption of rotational
symmetry of the laboratory-scale flame in their study, Brisley
et al. (2004) developed a single monochromatic CCD camera
instrumentation system to complete the 3D temperature
measurement of a gaseous flame. Similarly, in order to
investigate the partial premixing effects of a laminar CH4-air
flames with different equivalence ratios, an intensified charge-
coupled device (ICCD) system was presented by Jeong et al.
(2006) to detect OH*, CH*, and C,* radicals and tomographic
reconstruction. Furthermore, the single directional acquirement
assembly could be capitalized on stable flame tomographic
measurement, which can be achieved by rotating the test
flame. Hertz and Faris (1988) proposed a simple experiment
setup and sequentially recorded the projections of a steady-state
Bunsen flame by rotating for recovering CH* emission
distribution.  Although  the single-direction  projection

Survey for Flame Chemiluminescence Tomography

acquisition system has a simple structure as well as low cost, it
is only applicable for test flame with good axial symmetry or
stable-state combustion measurement, which is not suitable for
instantaneous  non-axisymmetric = and  unstable flame
tomographic experiments.

Benefited by the rapid development of optical sensing and
computing power, simultaneous multidirectional projection
acquirement can be realized. H. C. Bheemul and coworkers
built a detection system with three monochromatic CCD
cameras to visualize and quantitatively demonstrate the
gaseous flames. In their study, three CCD enclosed the burner
with equidistance and an equal angle and obtained the 2D
projections of the flame simultaneously from three different
views (Bheemul et al., 2002). Moreover, a 10 direction Kepler
telescopes tomographic system was reported by Anikin et al.
(2010) to measure the OH*-chemiluminescence distribution of
diffusion as well as premixed flames, respectively. L. Ma et al.
reported a five CMOS camera arrangement to record CH*
chemiluminescence simultaneously and further retrieved the
instantaneous structures of McKenna burner and jet flame
volumetrically (Cai et al., 2013a; Li and Ma, 2014; Li and Ma,
2015). A 24-view acquirement setup was proposed by Mohri et al.
(2017) to investigate the strengths of the FCT technique in a real
highly turbulent swirl flame measurement. It is worth noting that
a semicircular shape of cameras equipped with forty small high-
performance lenses was designed by Ishino et al. (2005); Ishino
and Ohiwa (2005); Ishino et al. (2007); and Ishino et al. (2009).
On the basis of their famous forty-lens equipment, further
expansion has been applied to achieve a 158-lens FCT system,
which was awarded the Guinness world record in 2009 (Ishino
et al., 2011).

Additionally, multidirectional capture could be accessed by
the combination of a camera and a mirror. GilabertLuYan et al.
(2007) established a special imaging system incorporating three
identical RGB cameras and an optical transmission unit and
captured flame projections concurrently from six perspectives.
Similarly, combined with a mirror array, Upton et al. (2011)
presented a six camera optical system to collect a turbulent
premixed flame projection data from 12 views for 3D
reconstruction. Floyd and Kempf (2011) demonstrated an
instantaneous computed tomography of the
chemiluminescence  (CTC) experimental setup, which
comprises five cameras and mirrors providing two perspectives
for each camera. As demonstrated in Figure 2C, Wei presented a
high-speed FCT system which included three customized
mirror-prism-camera blocks to capture multiple projections of
an unconfined turbulent swirl flame from distinct views (Yu et al.,
2018a; Ruan et al., 2019).

With the expeditious development of optical fiber technology
as well as the advantage of an excellent optical waveguide
property, devices based on the optical fiber and industrial
cameras have also become a way of multidirectional projection
acquisition for FCT. Considering the complex arrangement of
multi-camera system, G. Lu et al. designed an imaging fiber-based
FCT system coupled with two cameras to acquire flame
projections simultaneously from eight fiber bundles around
the burner (Hossain et al., 2011; Moinul Hossain et al., 2012).

Frontiers in Photonics | www.frontiersin.org

March 2022 | Volume 3 | Article 845971


https://www.frontiersin.org/journals/photonics
www.frontiersin.org
https://www.frontiersin.org/journals/photonics#articles

Jin and Situ

Survey for Flame Chemiluminescence Tomography

<

geesssnsnsssnnnnnsnenansnnlnnennnny

- -
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Data acquisition system

Light field camera

Wan et al. (2009; Wan et al. (2013) established an optical fiber
bundle tomography (OFBT) system consisting of four telecentric
lens and a number of fiber bundle units. Similarly, W. Cai et al.
developed a variety of endoscopy-based multidirectional FCT
projection acquisition systems (Yu et al., 2018b; Liu et al., 2019a;
Liuetal., 2019b; Yu et al., 2019a; Yu et al., 2019b). As indicated in
Figure 3A, two synchronized cameras equipped with customized
fiber bundles were utilized to obtain the Bunsen flame projections
from eight views simultaneously. In order to maximize the
differences between flame projections, eight input fiber
bundles were arranged in nearly an equiangular manner in a
circular shape (Yu et al., 2018b). A nine inputs optical fiber
bundle-based experimental setup was proposed by Q. Lei et al. to
transmit the CH* chemiluminescence signals of the swirl flame in
the gas turbine to one high-speed camera (Dong et al., 2021b;
Rising et al., 2021). Recently, considering the drawbacks of FBT of
low SNR imaging and signal diminishment with various
equivalence ratios, C. Rising et al. proposed a filter-intensified
FBE approach to capture the CH* radical and obtained more
precise reconstruction results (Ishino and Ohiwa, 2005).
Recently, taking into account the complexity of installing and
operating multidirectional FCT system, as shown in Figures
3B,C. Xu et al. designed a cage-typed light-field camera (LFC)

system and conducted a series of studies on 3D reconstruction of
flame temperature distribution under different combustion
operating conditions, including the improvement of spatial
resolution as well as the reduction of sampling redundancy
(Liu et al., 2017a; Zhao et al., 2018; Liu et al., 2021a; Qi et al,,
2021a). Likewise, a light-field camera was used in H. Qi’s study.
Based on their light-field convolution imaging model,
multidimensional radiation information of the flame was
collected by LFC, and 3D temperature distribution was further
retrieved (Qi et al., 2021b; Niu et al., 2021; Shi et al., 2022).

Calibration of Multi-Camera

The measurement of the spatial positions of multiple
acquirement directions and the internal parameters of camera
play a critical role in FCT research. View registration is able to
unify the placement and orientation of each camera into the same
world coordinate system, which have a significant effect on
following reconstruction quality.

The spatial location of multiple cameras was generally roughly
determined by a very simple angle determination device in
previous research. An illuminated alignment tool was utilized
in T. D. Upton’s study to determine the angular viewing
directions, image orientation, and image magnification of a 12
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FIGURE 4 | 3D view registration object.

view FCT system. The numbers near the bottom of the tool was
separated azimuthally by n/12 radians to indicate the orientation
of different projections (Upton et al., 2011). Similarity, J. Floyd
et al. employed a cylindrical calibration object to locate the view
angles by the scale affixed around the circumference (Moinul
Hossain et al., 2012). Additionally, the rectangular object in target
contributed to locate the object domain center in each
perspective. However, the aforementioned calibration methods
can only roughly determine the spatial location of the camera. For
the sake of improving the spatial resolution and reconstruction
precision of FCT technology, there is an urgent need to develop a
more flexible and accurate multi-camera calibration technology.

In the field of computer vision, a large number of studies have
been reported on the camera calibration of internal and external
parameters (Remondino and Fraser, 2006; Zhang, 2000; Zhang,
1999; Hwang et al,, 2013; Huang et al., 2019a). Generally, the
commonly used camera calibration method is mainly based on
the pinhole camera model, and the spatial position as well as
internal parameters of the camera is determined by 2D
checkerboard. First, the world coordinate system is established.
As a consequence, the position of the corner points of
checkerboard in the world coordinate system can be
determined. Next, the images of checkerboard are captured via
camera from various views. On the basis of the image processing
algorithm, the identification and location confirmation of the
corner points in the camera image coordinate system are
completed. Finally, the internal and external parameters of the

Survey for Flame Chemiluminescence Tomography

camera are derived from the world coordinates and image
coordinates of the corner points. Worth and Dawson (2012)
utilized a custom-made calibration plate to accomplish the view
registration in OH* chemiluminescence measurement of two
interacting turbulent flames. Plate images were recorded at
translation positions corresponding to the measurement
volume. World and image coordinates for each camera were
established and related via a third-order polynomial calibration
function. L. Ma et al. adapted 2D check board and an open source
camera calibration tool of MATLAB to complete the view
registration of the multiple fiber-based endoscopes
tomography system (Worth and Dawson, 2012; Kang et al.,
2014). Likewise, in order to figure out the geometrical
relationship between the reconstruction domain and flame
projections, 2D check board was applied in W. Cai’s research
and placed in the burner’s position to conduct the view
registration process (Liu et al, 2019a; Yu et al, 2017).
Furthermore, J. Wang et al. proposed a 3D pattern with dot
arrays for the camera calibration of the multidirectional FCT
system. As illustrated in Figure 4, three specified points on the
surface were used to indicate the focus level of cameras (Wang
etal, 2015; Wang et al., 2016a). Nonetheless, the accuracy of this
approach is limited by the manufacturing precision of calibration
object. Recently, without the special calibration object, Cai et al.
(2020) developed a convenient multi-view registration method
that capitalized on a synergistic combination of rotating
calibration plate and multi-view stereo vision.

Additionally, a number of combustion phenomena of practical
environment happen in a confined space, which means the light
refractions fostered by the imaging through optical walls will
seriously influence the imaging process, and further result in the
degradation of calibration precision. As a consequence, the
developed view registration method based on an open space
will be not applicable for the confined-space problems. In view
of this question, Falkhytten (2018) presented a polynomial
camera calibration model to address view registration in the
FCT system for annular combustion chambers. However, the
polynomial calibration model does not indicate a clear physical
meaning. Meanwhile, higher-order polynomial functions are
often required to ensure higher calibration accuracy, which
inevitably introduces a large number of fitting parameters and
computational consumption in the computational model. On the
basis of the calibration model that takes into account the
refraction effect of cylindrical glass (Paolillo and Astarita,
2019), H. Liu et al. proposed a refined model combined with
the pinhole camera model with Snell’s laws in a swirl flame
measurement confined within a 20 mm thick glass. In their
strategy, the reverse ray-tracing approach was utilized to
incorporate the effects of light refraction (Liu et al., 2019¢). As
indicated in Figure 5, inspired by the study of Liu, a new
algorithm was built by Ling et al. (2020) to figure out the ray
tracing of the reconstructed domain through the optical cylinder
to overcome the time consumption of multiple iterations.

Projection Model of FCT

In order to describe the relationship between the reconstructed
domain and the corresponding image, a large and growing body
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FIGURE 5 | Reversed ray-tracing model with the optical cylinder. Adapted with permission from Ling et al. (2020) © The Optical Society.
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of literature has investigated the establishment of the projection
model of FCT. Generally, the reconstructed domain is discretized
into several voxels with equal size, and different projection
models depict various calculation methods of the weight
factor, which refer to the contribution by each voxel to the
pixels of the image plane.

To date, the parallel projection model is one of methods
adopted in FCT research. Based on the parallel projection
model, the light intensity value of pixels on the camera image
plane can be considered as a linear integration of the light

intensity along the parallel projection direction, as shown in
Figure 6A (Floyd, 2009). In this context, the weight factor
represents the intersection length of the light line and the
pixel. However, considering the discrete measurement of each
perspective has an associated bin width, and strip integrals are a
more appropriate way to calculate the weight factor. Taking into
account the limitation of computing resources, the original
calculation of the weight factor based on strip integration
adopted a binary approximation tactic, which means when the
center of a pixel was within the boundary of the strip, a unity
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value was given to the weight factor; otherwise, the weight factor
was set as zero. However, this assumption leads to salt and pepper
noise in the reconstruction result. As indicated in Figure 6B, with
the development of computer technology as well as the increase of
computing power, the calculation of the weight factor becomes
available by dealing with the exact intersection area (2D) or
volume (3D) of the projection beam and pixels (Floyd, 2009). In
1990, Deutsch (1990) of Placer Dome Inc. designed the
FORTRAN program to achieve the calculation process. In the
light of the aforementioned theory and two-color pyrometric
techniques, Hossain et al. (2013) investigated the 3D temperature
and emissivity distribution of the laboratory-scale gas-fired flame.

However, the most widely used projection acquisition devices
in FCT are industrial cameras, and the impact of the perspective
effect of camera lens on the imaging process becomes particularly
important and non-negligible, especially when the depth-of-field
of the camera is small or the reconstruction domain is large. In
this case, the description of the imaging process based on the
parallel projection model is not suitable. An alternative projection
model was presented in light of a weighted double cone, derived
from geometric optics to provide a complimentary modification,
which is able to use non-parallel projections to account for
perspective effects. Figure 6C briefly demonstrates the light
propagation of a point source in the reconstructed domain
through the lens to the image plane (Floyd, 2009). It is
noticeable that the light intensity of point p on the image
plane can be obtained by summing the intensity in two
conical regions before and after point v on the object plane,
instead of the simple approximation of the linear integration of
the light intensity along the projection ray (Floyd, 2009; Anikin
et al,, 2010). Walsh et al. (2000) paid special attention to analyze
the influence of a perspective effect of the camera lens on the
reconstruction results of an axisymmetric diffusion flame
measurement. However, Walsh’s study predominantly focused
on considering the reconstruction field with axisymmetric
distribution and within the depth-of-field of the camera; as a
consequence, the weight factor of all voxels located within the
cone region was uniformly simplified to 1. In essence, for the
voxel located outside the depth-of-field of the camera, it cannot
be clearly imaged on the image plane, and in this regard, the
weight factor of this voxel can no longer be treated as 1.

In view of the perspective imaging effect, J. Floyd et al
established a 3D projection model considering the depth-of-
field effect of lens, which involved the blurring effect of the
reconstructed domain outside the depth-of-field range of lens in
the imaging process. The weight factor in this projection model
can be obtained as follows: first, the cone area of the 3D
reconstructed domain corresponding to the pixel on the image
plane is determined according to the ray-tracing method;
secondly, the position on the image plane of each spatially
discrete voxel within the cone area is analyzed; and finally, the
weight factor of a voxel to the pixel on image plane is procured via
estimating the intersection area of the imaging blur circle with the
pixel. Their model was validated in the measurements of a
methane-oxygen matrix burner as well as a turbulent opposed
jet flame. Furthermore, the instantaneous flame-surface density,
wrinkling factor, flame normal direction, and heat release were
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figured out (Floyd et al., 2009; Floyd and Kempf, 2011; Floyd
et al,, 20112011). As illustrated in Figure 6D, on the basis of
Floyd’s study, Wang et al. (2015) developed a 3D projection
model including light collection effect of lens. Additionally, the
relationship between the camera pixel and the blur circle was
analyzed in detail to provide a more complete calculation of the
weight factor, as can be seen in Figure 7A. However, it is
inevitable that some image spots appear within a pixel while
some out of the corresponding circle in the practical imaging
process. As a result, the ignored weight factors in such
always information missing, which
influence the quality of further reconstructions. For the sake of
overcoming the drawback of the simplified calculation model, Jin
et al. (2016a) presented the equal area and the sub-pixel
calculation model of weight factor, respectively, as
demonstrated in Figure 7B. Moreover, K. Wang et al. further
investigated the performance of clear-imaging, out-of-focus
imaging, and deconvolution models, as indicated in
Figure 7C. Considering the bokeh effect, the deconvolution
model provided the best precision with low computational
time (Wang et al, 2017). However, the aforementioned
models are on the basis of the uniform distribution of voxel,
which further leads to the large gradient between neighboring
voxels and certain discretization errors. In light of the finite
element and interpolation operation, Liu et al. (2021c) estimated
the distribution within each voxel to defeat uniform voxel
problem.

Likewise, the point spread function (PSF) was utilized in W.
Cai’s study to represent the projection formed by a point-source
located at the reconstruction domain, which was only related to
the location angle and position of the acquisition device rather
than the intensity distribution of the reconstruction domain.
Meanwhile, the projections that the camera acquired in the
image plane were composed of the summation of all voxels in
the reconstruction domain with the interplay of respective PSF
(Cai et al., 2013b). A large number of statistical calculations were
carried out that capitalized on the Monte Carlo statistical method,
and finally the weight factor of one voxel was figured out (Cai
etal, 2013a; Li and Ma, 2014). However, the tremendous demand
of computing power and relatively low computational efficiency
inevitably become the drawback of the Monte Carlo statistical
method. In contrast to Cai’s method, M. Wan et al. applied the
low-discrepancy sequence of the Monte Carlo method instead of
the pseudorandom sequence to achieve the Meker burner flame
measurement with higher reconstruction accuracy (Wan et al,
2015). Furthermore, by combining the ray-tracing technique and
the Monte Carlo method, Wan and Zhuang (2018) took the
inhomogeneous distribution of captured radiance on the image
plane into account and analyzed the performance numerically.

circumstances cause

RECONSTRUCTION ALGORITHM

Apart from the projections acquirement and imaging model
establishment, another research focus is the reconstruction
algorithm of FCT. As a branch of optical tomography, the
reconstruction algorithm of FCT is also derived from the
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FIGURE 7 | (A) Diagram of the relationship between camera pixel and the blur circle. (B) Demonstration of the equal area and the sub-pixel calculation model of
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algorithm study of X-ray CT (Beister et al., 2012). On the other
hand, due to the different experimental conditions of practical
combustion diagnostics and limitation of optical access, the
reconstruction of FCT belongs to incomplete data
reconstruction problem. Numerous scholars have conducted
extensive research in reconstruction algorithm of FCT. This
section reviews the mainly employed reconstruction algorithm:
analytical and iterative types. Finally, the emerging artificial
intelligence-based reconstruction algorithm of FCT is depicted
as well.

Analytical Reconstruction Algorithm
Analytical reconstruction algorithm is separated into Abel
Inverse Transform, Radon Inverse Transform and Filtered
Back Projection (FBP) method. Abel Inverse Transform is
commonly utilized to tackle axisymmetric reconstruction
fields. For instance, Y. K. Jeong et al. investigated the
combustion structure of axisymmetric methane flame relied on
Abel Inverse Transform (Jeong et al., 2006). The traditional 2D
Radon Inverse Transform is usually divided into three steps:
partial differentiation, Hilbert Transform and inverse projection.
On the basis of Radon Inverse Transform, S. Cha and C. M. Vest
reconstructed the asymmetric refractive index fields (Vest, 1974;
Cha and Vest, 1979). Meanwhile, it was proven that the
reconstruction process of Abel Inverse Transform and Radon
Inverse Transform are equivalent on the condition of
axisymmetric field.

In contrast to the Radon Inverse Transform, the FBP
method is more representative of analytical reconstruction
algorithm. The FBP method introduces Fourier Transform
in Radon Inverse Transform to reduce this blurring in the
reconstruction by filtering each perspective before the back
projection step. Eq. 1 describes how a point (x, y) in the back
projection reconstruction f,(x,y) is given by the

accumulation of the integral values of projections I that
intersect with that point. This accumulation is performed
over all view angle . Z is the propagation length of light. I
is the filtered version of I. The FBP method was utilized by R.
N. Bracewell and A. C. Riddle in the study of radio astronomy
(Bracewell and Riddle, 1967). Moreover, G. N. Ramachandran
et al. applied the FBP method for medical X-ray CT issue
(Ramachandran and Lakshminarayanan, 1971; Shepp and
Logan, 1974). G. W. Fairs et al. employed the FBP method
for deflection tomography successfully (Faris and Byer, 1988).
Furthermore, the application of the FBP reconstruction

method in moire deflection tomography has been
investigated in detail by Song et al. (2016).
f.(xy) = j 1(Z,6)de. (1)
0

The analytical reconstruction algorithm generally requires
numerous low noise views for successful reconstruction. In
consequence, it is utilized extensively in applications where
static subjects and good access are available, which means
many measurements can be taken and is generally less favored
in the incomplete data reconstruction problem. In contrast, the
iterative class reconstruction algorithm is more robust to the
effect of noise in the reconstructed data and is therefore more
favored by scholars in the field of CT reconstruction. In contrast,
the iterative reconstruction algorithm is more robust to the effect
of noise in data and is therefore more commonly utilized in FCT
reconstruction.

Iterative Reconstruction Algorithm

The fundamental of iterative reconstruction algorithm is
discrete reconstruction domain F as well as the projection
data I. According to the weight matrix W, the connection
between the reconstruction domain and projection data could
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FIGURE 8 | (A) Diagram of compatible equations. (B) Diagram of incompatible equations.

be established in Eq. 2. F is divided into N discrete voxels in the
reconstruction domain. The voxel indices are represented by
the single index i, j is defined as the index of projection
direction of g views and p pixels of each view. Ij. is
regarded as the projection of the direction j, and fi refers to
the intensity of the voxel i. Weight factor wij can be considered
as the contribution coefficient of the voxel i to the direction j
(Jin et al., 2016b), as follows:

I; = zzil Widf ;-

Equation 2 can recast the reconstruction problem as a system of
linear equations as indicated in the matrix form in Eq. 3. It is
worth noting that the weight matrix W has as many rows as the
projection number and as many columns as the reconstructed
voxel numbers.

2)

I = WF. (3)

In accordance with the solution method of the system of
equations, iterative reconstruction algorithms are divided
into direct algebraic and algebraic iterative methods.
Meanwhile, the direct algebraic methods consist of inverse
and decomposition methods. The inverse method refers to
reconstructing the field by computing the inverse of the weight
matrix (Hartley, 1994), while the decomposition method
decomposes the weight matrix into several specific matrices
and recovers the reconstruction field in view of the properties
of these specific matrices, such as singular value
decomposition (SVD) (Selivanov and Lecomte, 2001) and
QR decomposition (Iborra et al., 2015). Considering that
the dimension of the weight matrix W is determined by
both the number of voxels in the reconstruction domain
and the number of projection data, which is too large to
apply direct algebraic methods, it is more practical to use
an algebraic iterative method to find an approximate solution
for system of equations.

The most widely used iterative algorithm is called the algebraic
reconstruction technique (ART). The original ART algorithms
were proposed by Gordon and Herman (1971), and it was found
to be a special case of the well-known Kaczmarz algorithm of
integral equation (Guenther et al., 1974). In concept of ART, Ij is
treated as a hyperplane in the solution space of the system of

equations. Therefore, the number of projections determines the
number of hyperplanes. If the system of linear equations is
noiseless and compatible, the unique solution could be
accessed when all hyperplanes intersect at a point. As seen in
Figure 8A, the three projection rays, L;, L,, and Ls, represent
three equations. The intersection point of three rays is the
solution of the system of equations. An arbitrary initial value
x" is given and projected onto L, in the light of Eq. 2 to obtain an
update value x' in the iteration process. Next, x! is projected onto
L, in the same way and the updated value x? is determined.
Eventually, the iterative process converges to the solution of the
system of equations. However, the noise influence is inevitable in
a practical experiment, as a consequence the system of equations
is incompatible and the solution of equations cannot converge to
a point. As illustrated in Figure 8B, the iteration process of
incompatible equations converges to a small region of solution
space. In this case, iteration continues until some convergence
criteria is achieved.

Figure 9 indicates the working principle of the ART algorithm
on a simple 2 x 2 tomographic problem with four perspectives.
FCT problem is demonstrated in upper left panel, where the
numbers represent the measured projections and the values of
object domain are calculated according to the measured
projections. In step 1, the initialization of object domain is
completed and the values are designed as 0; next, the
differences between the initial and measured projections are
defined as e and calculated for each view; in step 3, e is
distributed evenly along the perspective to update the value of
object domain; the calculation and distribution of e are repeated
in step 4 and step 5 until the termination criterion is met.
Generally, the update of object domain can stop when the
difference e is smaller than the designed error, while the ART
algorithm can be considered as convergence.

The iteration process of ART is shown in Eq. 4. f %) represents
the initial value. Projection error is defined as the difference
between the measured projection Ij and equivalent projection
estimated by f of current iteration. This error is following
normalized and back projected into the reconstruction
domain via wij, and then the next projection is addressed.
The next iteration begins once all projections have been
considered. In general, the higher accuracy is available with
more iterations.
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FIGURE 9 | Working principle of the ART algorithm on a simple 2 x 2 tomographic problem.
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where ¢ refers to the laxation factor. The choice of relaxation
factor affects the convergence speed and iteration accuracy during
the iterative process. The small relaxation factor leads to a low
convergence speed with high iteration accuracy; on the contrary,
the relaxation factor is large and its convergence speed is fast, but
the iteration accuracy is low. Generally, € € (0,2) (Herman et al,,
1978).

Furthermore, the pseudo-code for the ART algorithm is
provided to illustrate the work process.

Initialization: k = 0,& = 0.6, f® =0
Repeat:
k=k+1
forj=1top x qdo
fori =1toNdo

(kj+1) _ g(kj)
FED = pED 4 g
! ! Z?’(Wi,i)z

W]'_i
end for

end for

until the termination criterion is met

Stop

As a variation of ART, multiplicative algebraic reconstruction
technique (MART) not only changes the correction method of
the initial value, which means the iterative results can be updated

multiplicatively during the iteration process, but also maximizes
the entropy of reconstruction domain. It is worth noting that the
entropy mentioned here is in the context of information theory
not thermodynamic entropy (Floyd, 2009). MART shows better
performance on improving iteration speed. Especially for
reconstruction fields with high gradient, MART is capable of
giving superior reconstruction quality (Verhoeven, 1993). Eq. 5
shows the expression of MART given by Verhoeven (1993), as
follows:

f(0»0) =f(0)
(kj+1) (k) EW;ji
fi =f; X <1 -
2

N( 2
i \Wii

f(k+1,0) =f (kpxq)

1-

L
ZNW-J(k’j)) @
i Vi

It is worth mentioning that the multiplicative correction of
MART causes the values of the voxels with zero in the
reconstructed domain to remain unchanged. Therefore, the
widely used initial estimate of zero in ART is not appropriate
and the mean value of projections is suggested to be more suitable
for MART (Floyd, 2009).

Additionally, another kind of ART algorithm called
simultaneous algebraic reconstruction technique (SART) is
proposed by A. H. Aderson. Compared with standard ART
algorithm, SART tackles all the error from a single projection
simultaneously, instead of view-by-view. This operation
averagely reduces the error oscillation when two adjacent
projections consecutive correct the same pixel and shows
better noise immunity (Andersen and Kak, 1984). As seen in
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Eq. 6, SART can be achieved by correcting standard ART of one
view g, as follows:

k
- wiif

N
Xiw

i

wn gy LT 6
f: fl Zf-ij,iZ It ( )
The ART algorithm has been extensively used in reconstruction
problem of FCT. Numerous scholars (L. Ma, Y. Ishino, G. Lu, M.
M. Hossain, W. Cai, to name a few) have conducted
comprehensive research in the feasibility and reliability of
ART via numerical simulation as well as practical experiments
(Wangetal., 2016b; Lei, 2016; Ma et al., 2016). For instance, T. Yu
investigated multiple kinds of series expansion reconstruction
algorithm on the basis of previous study of ART (Liu et al,
2017b). S. M. Wiseman and J. Zhuan employed MART as well as
SART separately to inspect the 3D combustion structure
(Wiseman et al., 2017; Wan and Zhuang, 2018).

Although the ART algorithm has become the conventional
method for FCT reconstruction, but the limited optical
accessibility of practical applications results in the inversion
problem of FCT is ill-posed mathematically. As a
consequence, the inevitable line artifacts introduced by ART
will certainly affect the further reconstruction quality. It is
worth mention that novel reconstruction algorithms have been
developed in terms of the utilization of the additional information
on the reconstruction field, which can be treated as the a priori
information incorporating into the iteration algorithm to
mitigate the ill-posed problem (Ma and Cai, 2008). For
instance, profited by Tikhonov’s regularization, Zhou et al.
measured the 3D temperature distribution of a large-scale
furnace numerically and experimentally (Zhou et al., 2005).
Similarly, Daun et al. applied Tikhonov’s regularization to
reconstruct the axisymmetric flame properties (Daun et al,
2006). Héber et al. retrieved the tomographic multispecies
visualization of laminar and turbulent methane/air diffusion
flames based on a kind of variation Tikhonov’s regularization
(Héber et al., 2020a; Hdber et al., 2020b). As another type of priori
information of temperature field, Total Variance (TV) indicates
the sparseness of field (Cai et al., 2013b; Yu and Cai, 2017; Dai
et al, 2018). Compared with Tikhonov’s regularization, TV
regularization shows better performance in preserving sharp
discontinuities between distinct regions of reconstruction
domain, which is capable for providing representative features
of combustion such as the flame front (Rudin et al., 1992; Strong
and Chan, 2003). TV regularization was utilized for practical FCT
applications and its ability of significantly reducing the typical
line artifacts was proved numerically and experimentally (Jin
etal., 2021). Furthermore, the regularization minimizing p-norm
(0 < p < 1) was applied to enhance the spatial resolution in
photoacoustic (PA) tomography (Okawa et al., 2020). A weighted
Schatten p-norm minimization was proposed by Xu et al. for
reconstruction issue of sparse-view cone beam computed
tomography (CBCT) (Xu et al, 2020a). A compression
sensing-based algorithm was employed by G. -J. Yoon et al. to
achieve simplification of amount of data in reconstruction
process. On the condition of limit-view, they proved the
feasibility of this method experimentally (Yoon et al, 2019).

Survey for Flame Chemiluminescence Tomography

Analogous method was mentioned and validated in single-
pixel laminar flames reconstruction (Zhang et al., 2019).
Moreover, Bayesian optimization is also proficient in
integrating the measurement data with prior information by a
statistically robust method (Jin et al., 2021). In light of Bayesian
framework, S. Grauer et al. recovered the instantaneous refractive
index distribution of a turbulent flame (Grauer et al., 2018).

In addition, A. Unterberger et al. developed an evolutionary
reconstruction technique (ERT), which integrated a genetic
algorithm (GA) with a ray-tracing software. Evaluations were
carried on the reconstruction results of three different kinds of
flames, and the reconstruction ability of ERT was proved to be
consonant with ART (Unterberger et al., 2019). Besides, several
types of reconstruction algorithm have also been reported in CT
problem, for instance, Landweber algorithm (Rossberg and
Funke, 2010), maximum entropy algorithm (Denisova, 2004),
maximum likelihood estimation algorithm (Busa et al., 2014) and
maximum expectation algorithm (Dey and King, 2009), to name
a few. Meanwhile, some research focused on the comparisons of
various algorithms have been reported, such as (Yu and Cai,
2017) and (Shui et al., 2021).

Although iterative reconstruction algorithms (such as ART)
are extensively used in FCT problem, it is still important to note
that the major drawback of iteration algorithm is semi-
convergence, which means the true solution may be figured
out at an early stage while diverges away as the iteration steps
increase. As a consequence, the iteration number and termination
criterion play essential part in FCT. However, the iteration
number as well as termination criterion of iterative
reconstruction  algorithms are wusually determined by
experience, which will influence the accuracy of reconstruction
results evidently. Moreover, on account of the time consuming
and high data throughput of conventional iteration methods, it
causes the FCT technique hard to be utilized for online
combustion monitor and diagnostics in practical environment.
As a result, the 3D reconstructions in FCT are generally
conducted off-line.

Artificial Intelligence-Based Reconstruction
Algorithm

In the last few years, with the rapid development of the artificial
intelligence-based technique, deep learning method has aroused
extensive attention in academia and industry, which leads to
excellent performance on sorts of problems, such as image
classification (Colburn et al, 2019), object detection (Ren
et al,, 2017), face recognition (Yu and Tao, 2019) and natural
language processing (Agrawal et al, 2019), to name a few.
Especially in the field of computational optical imaging, the
artificial intelligence-based technique has been effectively
applied in ghost imaging (Lyu et al., 2017), digital holography
(Ren et al., 2018; Wang et al., 2018) and phase retrieve (Wu et al.,
2018). Meanwhile, a variety of neural network frameworks have
developed, for example, LeNet-5 (LeCun et al., 1998), AlexNet
(Krizhevsky et al., 2017), VGG (Simonyan and Zisserman, 2014)
and GoogLeNet (Szegedy et al., 2015). In addition, deep learning
methods are induced to handle CT reconstruction in medical field
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(Wang, 2016). A new noise reduction method and residual
encoder-decoder convolutional neural network were presented
by Wang et al. to tackle low-dose CT imaging problem with high
computed speed (Chen et al., 2017). Besides, DD-Net (Zhang
etal., 2018), Generative Adversarial Network (GAN) (Yang et al.,
2018), wavelet-based network (Kang et al., 20182018) and 3D
U-Net (Kim et al., 2020) were proved to realize noise immunity
and edge enhancement in medical reconstruction problems.
The superiority of artificial intelligence-based algorithm in
medical CT problem has attracted the attention of scholars
related to FCT field, which make it becomes a promising

tactic to deal with the time consuming limitation of prevailing
iteration method. Artificial intelligence-based reconstruction
method can be considered as a “black-box”. Taking one of the
popular deep neural networks as example, the architecture of
convolutional neural network (CNN) usually contains an input
layer, multiple hidden layers as well as an output layer. As
illustrated in Figure 10 the hidden layer generally includes the
convolutional layer, batch normalization (BN) layer, activation
layer, pooling layer and fully connected layer. The FCT
reconstruction procedures via artificial intelligence-based tactic
are composed of training stage and testing stage. In training stage,
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the projections as well as the distributions of reconstruction field
which refer to the corresponding ground-truth constitute the data
pairs and are fed into CNN model together. The training stage
contains forward propagation process and back propagation
process. During the forward propagation process, the salient
features of input projections are extracted by convolution
operations as well as down sampled via pooling operations to
generate the feature column vector, which is multiplied by the
coefficient and added with the biases to obtain the output results.
The error between the output and ground-truth are calculated by
loss function during back propagation process. Based on the
gradient descent method, the parameters of neural network are
adjusted gradually. Once the training stage is completed, the
projections of test data are feeding into the system and the
reconstruction results can be predicted rapidly.

As depicted in Figure 11A, the extreme learning machine
(ELM) is adopted by T. Yu et al. to extract useful information
from the previous reconstructions of 3,600 training samples. 50
samples were generated as the test data to validate the feasibility
and high computing speed of ELM-based reconstruction
algorithm via phantom study (Yu et al, 2018c). For the sake
of investigating the performance of deep learning method in
practical flame measurement, a rapid FCT reconstruction system
based on convolutional neural networks (CNN) model was
established in Y. Jin et al. shown in Figure 11B. The
reconstruction capability of the proposed model
qualitatively and quantitatively verified by numerical
simulation as well as experimental measurement with various
field distributions. Additionally, the determination of the
architecture of CNN framework was analyzed in detail
Compared with ART, MART, and TV method, their CNN
model provides prominent advantage in term of
computational efficiency (Jin et al, 2019). It is worth
mentioning that the output data as well as input data are the
horizontal slice of the 3D field and the corresponding projections,
which mean the 3D reconstruction result were derived from the
overlay method. Afterward, as illustrated in Figure 11C, J. Huang
et al. investigated the capability of two kinds of CNN framework
with distinct connections between layers for volumetric
tomography of turbulent flames. The proof-of-concept and a
series of comparative experiments were conducted to prove the
noise immunity of proposed method with different classes of
noise (Huang et al., 2020). Compared to the reconstruction
network in (Jin et al, 2019), the CNN framework of Huang’s
research achieve the 3D reconstruction of FCT directly, which
further decrease the time consuming of recovering.

Furthermore, in order to handle sparse view tomography
problem, a 4D tomographic reconstruction framework, called
TomoFluid, was presented by G. Zhang. A morphing-based view
interpolation method of projection was considered as a novel
regularization to equalize the missing projections neighboring
perspectives. Meanwhile, the re-projection consistency constraint
was employed as the optimization term to improve
reconstruction quality (Zang et al, 2020). Although the
practicability of TomoFluid was validated in their study, a
thorough physical interpretation of the proposed view
interpolation method still needs to investigate in further. Deep

was
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learning strategy has been proved to improve reconstruction
spatial resolution in FCT. In general, it is a contradictory
demand of the size of the reconstruction domain and spatial
resolution. W. Xu reported a data-driven 3D super-resolution
approach in light of the GAN framework and the architecture of
3D-SR-GAN, which is composed of a generator and a
discriminator network to figure out the topographic
information. Based on the given low-resolution counterpart,
the high-resolution 3D structure of turbulent flame can be
recovered by two times via proposed method (Xu et al,
2020b). Deep learning-based algorithm can be adopted not
only to handle 3D reconstruction, but also to enable
monitoring and prediction the combustion states. A
combination of convolutional auto-encoder, principal
component analysis, and the hidden Markov model was
developed to generate an unsupervised classification
framework by T. Qiu. By means of the projections collected
from the furnace flame, the identification of combustion
condition changing as the coal feed rate falls was achieved via
their model (Qiu et al., 2019). J. Huang developed a hybrid
CNN-long short-term memory (LSTM) network, which
combined the FCT technique with DL algorithms, to predict
the evolution of 3D flame structures on the basis of its history 2D
projections via the data-driven approach. The CNN part was
trained to extract flame features from projections, while the
LSTM part was trained to model the temporal sequence in
view of features (Huang et al, 2019b). The successful
application of CNN-LSTM model is in light of the similarity
of the training dataset and the testing dataset. As a consequence,
the enhancement of generalization of the proposed model will be
a tough challenge.

Artificial intelligence-based reconstruction algorithm has
become another kind of critical algorithms of FCT. Although
it shows significant superiority in terms of computational
efficiency, the physical explanation of how deep learning
methods work is still being explored. For the commonly used
a data-driven approach of deep learning methods, a large number
of pre-acquired data pairs are not only directly related to the
quality of the reconstruction results, but also affects the
generalization ability of reconstruction algorithm. As a result,
it is not an appropriate tactic for practical reconstruction
situation without sufficient ground-truth (e.g., real distribution
of practical flame). Furthermore, the increase in reconstruction
scene complexity as well as the number of data samples acquired
makes deep learning methods suffer from the bottleneck of
computing power.

SUMMARY AND OUTLOOK

To summarize, this study has reviewed the application
demonstrations of FCT for practical 3D tomography
experiments, and the definition, imaging acquirement and
calibration, projection models, and reconstruction algorithms.
The tomographic chemiluminescence spectroscopy method is
complementary to point or planer detection tactics and has
been successfully illustrated in laboratory as well as industrial
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scenarios. Recent progress is going to extend the applicability of
FCT to more complicated combustion environment, such as
deflagration phenomenon monitoring, and, consequently, there
still remain several issues to be addressed. One of the toughest
challenge is that due to the presence of large amounts of
combustion particle (e.g., soot), the frequently employed linear
imaging models that ignore the effects of scattering and
absorption of particle would be not appropriate to indicate the
imaging process of FCT. As a consequence, a non-linear imaging
model considers the scattering, and absorption is required for
accurate 3D reconstruction in practical combustion diagnostics.
Meanwhile, the severe vibration of combustion phenomenon
becomes a risk to the stability of the system and the accuracy
of the camera calibration. Additionally, although artificial
intelligence-based reconstruction algorithm shows significant
superiority in terms of computational efficiency, its data-
driven method cannot be ideally adopted to practical situation
without sufficient ground-truth (e.g. real distribution of practical
flame), further resulting in limited generalization ability. A more
systematic and theoretical analysis is required for designing a new
paradigm by combining the physical imaging model of FCT and
the neural model to overcome the limitations of the sample
number and generalization issue. Transfer learning would
enable a potential way for combining physical priors with
sample data. Furthermore, with the increasing complexity of
reconstruction scene and the bottleneck of computing power,
the lightweight of the reconstruction algorithm framework (e.g.,
the decrease of neural model parameter number) is also
imminent for in-line combustion monitoring and
measurements. Finally, combined with other optical detection
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